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CHHry^HPHM E MEPM B EAHAXOBbIX 

nPOCTPAHCTBAX

B.A.PoMaHOB
BBegem noHaTTa cnHrynapHocreH K-BUMipHnx KnaciB, ^ o  go3Bonnno y3aranbHHTu 

BigoMHH pe3y.bTaT npo po3KnagaHHa Mipn b npocTopi Rn b cyMy a6 conrorao 
HenepepBHoi Ta cuHrynapHoi K0 Mn0 HeHT Ha 6 aHaxoBi npocropn.

It are introduced the notions of singularities of k-dimensional classes that make it 
possible for generalization the known result of decomposition a measure in the space Rn 
into the sum of an absolutely continuous and a singular components for the Banach spaces.

1 .  B B e g e H H e .  H 3 B e c r a o ,  h t o  g n a  n r o 6 o n  M e p M  b  K O H e H H O M e p H O M  n u H e n H o M

n p o c T p a H C T B e  c y r n ,e c T B y e T  e e  p a 3 n o ^ e H n e  (  b  O M H c n e  . H e 6 e r a  )  b  c y M M y  g B y x

T a K H x  K o M n o H e H T ,  o g H a  n 3  k o t o p m x  a 6 c o . r o T H o  H e n p e p t i B H a ,  a  g p y r a a

c u H r y n a p H a  o T H o c u r e n t H o  u H B a p n a H T H o n  n e 6 e r o B o n  M e p t i .  T a K ^ e  H 3 B e c T H o  [ 1 ] ,

h t o  b  6 e c K o H e H H o M e p H M x  6 a H a x o B M x  n p o c T p a H C T B a x  o T c y T C T B y r o T

H e T p n B n a n t H t i e  H e  T o n t K o  u H B a p n a H T H t i e ,  h o  g a ^ e  n  K B a 3 n n H B a p n a H T H B i e  ( n o

B c e M  H a n p a B . e H H ^ M )  M e p t i .  B  c B a 3 n  c  ^ T H M  o 6 c T o a T e n b c T B o M  b  [ 2 ]  6 b i n n

B B e g e H M  n o H a T n a  H e n p e p t i B H o n  n  B n o n H e  p a 3 p t i B H o n  M e p  b  n u H e n H o M

n p o c T p a H c T B e  X ,  3 a B n c a m , n e  o t  ^ u K c n p o B a H H o r o  n o g n p o c T p a H c T B a  H ,  a  T a K ^ e

6 b i n a  g o K a 3 a H a  b o 3 m o ^ h o c t b  o g H o 3 H a H H o r o  p a 3 n o ^ e H n a  n p o n 3 B o n B H o n  M e p t i  b

X  b  c y M M y  H - H e n p e p t i B H o n  n  B n o n H e  H - p a 3 p b i B H o n  K o M n o H e H T ,  K o T o p o e  b

c n y n a e  X = H = R n c o B n a g a e T  c  y n o M a H y T t i M  p a 3 n o ^ e H n e M  b  O M H c n e  . H e 6 e r a .

n o c K o . b K y  b o  M H o r u x  B o n p o c a x  T e o p n n  M e p t i  b  6 a H a x o B t i x  n p o c T p a H c T B a x

H H K a K o e  n u H e n H o e  n o g n p o c T p a H c T B o  H  3 a p a H e e  H e  ^ u K c n p y e T c a ,  t o

n p e g c T a B n a e T  H H T e p e c  n o n y n e H n e  T a K n x  p a 3 n o ^ e H n n  M e p ,  K o T o p t i e  H e  3 a B n c a T

h h  o t  K a K o r o  n n H e n H o r o  n o g n p o c T p a H c T B a .  Y K a 3 a H H B ie  p a 3 n o ^ e H n a  6 y g y T

n o n y n e H H  b  T e o p e M a x  1 n  2  g a H H o n  c T a T B n  c  n o M o m ,& r o  B B o g n M H x  b  ^ T o n  ^ e

c T a T t e  n o H a T n n  K - M e p H H x  c u H r y n a p H o c T e n .
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2. nocTaHOBKa 3 agann . nycTb X -  cenapa6 enbHoe 6 aHaxoBo npocTpaHcTBo. 

n o g  MepaMU b  X noHHMaeM BnonHe KOHeHHHe cHeTHO-agguTHBHHe ({w h k iih h  

MHo^ecTBa, onpegeneHHHe Ha cnrM a-anre6 pe 6 openeBcKnx MHO^ecTB n3 X n 

npuHUMaro^ne HeoTpn^TenbHHe 3HaHeHna. n o g  cdeusoM MepM m Ha BeKTop h 

h 3  X noHHMaeM Mepy mh, 3HaneHne KOTopon Ha Ka^goM 6 openeBcKoM MHo^ecrae 

B 3 agaeTca ^opMynon mh(B)=m(B + h).

Onpege^eHHe 1. HanpaBneHne BeKTopa h Ha3HBaeTca nanpaenenueM  

nenpepuenocm u  MepM, ecnn npn cgBnre MepH Ha th n  cTpeMneHnn

KO^^^H^HeHTa t k  Hynro B a p n a ^ a  pa3HocTH M e^gy cgBHHyTon Mepon n 

ncxogHon Mepon HMeeT HyneBon npegen.

H3BecTHo [3, c.484], h t o  MHo^ecTBo Bcex HanpaBneHnn HenpepHBHocTH 

MepH o6pa3yeT nuHenHoe nognpocrpaHcTBO (He o6a3aTenbHO 3aMKHyToe).

nycTb k  -  HaTypanbHoe Hncno.

Onpege^eHHe 2. M epy Ha3 HBaeM ^neMeHT0 M Kmcca K-Mepnou

nenpepuenocm u, ecnn ee m o ^ h o  npegcraBHTb KaK cyMMy KOHeHHoro nnn 

cneTHoro Hncna TaKnx Mep, gna KOToptx nognpocTpaHcTBa HanpaBneHnn 

HenpepHBHocTH HMeroT pa3MepHocTn He MeHbme k .

Onpege^eHHe 3. M epy Ha3 HBaeM ^neMeHT0 M Kmcca K-Mepnou

cum ym pnocm u, ecnn OHa cuHrynapHa OTHocnTenbHO Ka^gon MepH H3 Knacca k -

MepHon HenpepHBHocTH.

3aMenaHHe 1. H3 onpegeneHna 2 cpa3y cnegyeT, h t o  Knacc Mep K-MepHon 

HenpepHBHocTH 3aMKHyT OTHocnTenbHO o n e p a ^ n  cno^eHna. Ecnn 6 h  ^TOT 

Knacc 6 h .  onpegeneH HHaHe -  KaK MHO^ecTBO Mep, gna KOToptx 

nognpocTpaHcTBa HanpaBneHnn HenpepHBHocTH HMeroT pa3MepHocTH He MeHbme 

k  (a He KaK cyMMM TaKnx Mep), -  t o  ^T0 ^ 0  cBoncTBa He 6 t n o  6 h . HanpnMep, 

cyMMa gByx rayccoBcKnx Mep, cocpegoTOHeHHHx Ha B3anMHO opToroHanbHHx 

nognpocTpaHcTBax rnnb 6 epTOBa npocTpaHcTBa, He HMeeT h h  ogHoro 

HanpaBneHHa HenpepHBHocTH, xoTa Ka^gaa H3 h h x  TaKne HanpaBneHna HMeeT.
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3aMenaHHe 2. H 3  onpegeneHnn 2 n 3 cnegyeT, h t o  gna npuHagne^HocTH 

MepH Knaccy K-MepHon cuHrynapHocTH Heo6xognMO n gocTaTOHHO noTpe6oBaTb, 

h t o 6 h  OHa 6tina cuHrynapHon OTHocnTenbHO Ka^gon MepH, gna KOTopon 

nognpocTpaHcTBO HanpaBneHnn HenpepHBHocTH HMeeT pa3MepHocTb He MeHbme 

K.

3aMenaHHe 3. ^ c h o  TaK^e, h t o  npn BO3pacTaHnn k  KnaccH Mep K-MepHon 

HenpepHBHocTH o6pa3yroT y6tiBarom,yro, a Knaccti Mep K-MepHon cuHrynapHocTH 

-  BO3pacTaro^yro no BKnroHeHnro nocnegoBaTenbHocTb MHo^ecTB.

^ nb cTaTbn c o c t o h t  b  goKa3aTenbcTBe TeopeM o pa3no^HMocTn Mep Ha 

KOMnoHeHTH, Bxogam ne b o  BBegeHHMe KnaccH HenpepHBHocTH n 

cuHrynapHocTH.

3. Pe3y^bTaTM paSoTM.

JeM M a 1. Ecnu Mepa adconwmno nenpepuena omnocumenhno ^neMenma U3 

Knacca K-Mepnou nenpepuenocmu, mo ona caMa npunadnew um  ^moMy Knaccy.

ffoKa3amenhcmeo OHeBngHO n ocHOBaHO Ha pe3ynbTaTax [4, c. 81-82], 

cornacHO KOTopMM npn nepexoge k  a6conrorao HenpeptiBHon Mepe Bce 

HMerom,neca HanpaBneHna HenpepHBHocTH coxpaHaroTca ( npn ^T0M MoryT 

noaBHTbca n HOBMe ).

JeM M a 2. Ecnu Mepa M awopupyem cn 3neMenmoM U3 Knacca K-Mepnou 

nenpepuenocmu, mo ona caMa exodum e ^mom Knacc.

^eMMa 2 aBnaeTca npocTHM cnegcTBneM neMMH 1.

JeM M a 3. Ecnu Mepa coenadaem c cyMMou pxda, cocmaenenno8o u3 

^neMenmoe, exodn^ux  e Knacc K-Mepnou nenpepuenocmu, mo ona m o w e  exodum  

e ^mom Knacc.

floKa3amenhcmeo OHeBngHO n OcHOBaHO Ha onpegeneHnn 2 n Ha t o m  

npocTOM ^aKTe, h t o  gBonHon pag HMeeT cHeTHoe Hncno cnaraeMMx.
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JeM M a 4. Ecnu Mepa m coenadaem c npedenoM eospacm aw ^eu  (e mupoKoM 

cMucne) nocnedoeamenhnocmu ^neMenmoe mj u3 Knacca K-Mepnou 

nenpepuenocmu, mo ona m o w e  exodum e ^mom Knacc.

floKa3amenhcmeo. Pa3HocTH mj -  cocegHnx ^neMeHT0 B Hamen

BO3pacTarom,en nocnegoBaTenbHocTH Ma^opnpyroTca ^neMeHTaMH mj H3 Knacca k -  

MepHon HenpepHBHocTH, a noTOMy ( cornacHO neMMe 2 ) caMH BxogaT b  ^T0 T 

Knacc. Pag, cocTaBneHHHn H3 TaKnx pa3 Hocren n H3 MepH m 1, HMeeT cBoen 

cyMMon Mepy m, a n 0 T0 My gna 3aBepmeHna goKa3aTenbcTBa ocTaeTca npHMeHHTb 

neMMy 3.

JeM M a 5. ffnn  npunadnew nocm u M epu s Knaccy K-Mepnou curnynnpnomu 

neodxoduMo u docmamonno nompedoeamh, nm o6u ona ne 6una  M awopanm ou nu 

dnn KaKou nempueuanhnou M epu d  u3 Knacca K-Mepnou nenpepuenocmu.

ffoKa3amenhcmeo neodxoduMocmu. Ecnn d Ma^opnpyeTca Mepon s, t o  d 

a 6 conroTHO HenpepMBHa OTHocnTenbHO s. Ecnn npn ^T0 M d npuHagne^HT Knaccy 

K-MepHon HenpepHBHocTH, t o  (c yHeTOM onpegeneHna 3) d cuHrynapHa 

OTHocnTenbHo s. TaKHM 06pa30M, d 0 gH0 BpeMeHH0  a 6 conroTHo HenpepMBHa n 

cuHrynapHa OTHocnTenbHO HeKOTopon MepH, a n 0 T0 My TpuBnanbHa.

ffoKa3amenhcmeo docmamonnocmu. nycTb c -  npon3BonbHaa Mepa H3 

Knacca K-MepHon HenpepHBHocTH, d -  a 6 conrorao HenpepHBHaa K0 Mn0 HeHTa 

MepH s OTHocnTenbHO c. Torga ( no neMMe 1) Mepa d BxognT b  Knacc K-MepHon 

HenpepHBHocTH, a n 0 T0 My c yHeTOM ee Ma^opnpyeMocTH Mepon s gon^HO 

BMnonHaTbca paBeHcTBO d=0. Cneg0 BaTenbH0 , Mepa s cuHrynapHa OTHocnTenbHO 

c, a n 0 T0 My ( c yHeTOM npou3BonbHocTH B t 6 opa c H3 Knacca K-MepHon 

HenpepHBHocTH ) s npuHagne^HT Knaccy K-MepHon cuHrynapHocTH. ^eMMa 5 

goKa3aHa.

TeopeMa 1. nycm h  m -  Mepa, onpedenennan na cu8Ma-ame6pe dopeneecm x  

nodM nowecme cenapa6enhno8o 6anaxoea npocmpancmea X, k - namypanhnoe 

nucno. Tozda Mepy m M ow no eduncmeennuM  cnoco6oM pa3now um h e cyMMy
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m=c + s, zde c npunadnewum  Knaccy K-Mepnou nenpepuenocmu, a s -  Knaccy k- 

Mepnou curnynnpnocmu.

floKa3amenhcmeo cy^ecm eoeanun. nycTb M  -  MHO^ecTBO TaKnx ^neMeHT0 B 

H3 Knacca K-MepHon HenpepHBHocTH, K0 T0 p tie  Ma^opnpyroTca Mepon m. 

06o3HaHHM Hepe3 A  BepxHroro rpaHb 3 HaHeHnn Mep H3 M  Ha BceM npocTpaHcTBe 

X. 3Ta BepxHaa rpaHb He npeBocxogHT m( X ), a n 0 T0 My KOHeHHa. Cyrn,ecTByeT 

TaKaa nocnegoBaTenbHocTb Mep pn H3 M, gna KOTopon pn ( X ) HMeeT npegenoM 

Hncno A. 06o3HaHHM Hepe3 cn BepxHroro rpaHb nepBMx n Mep yKa3aHHon 

nocnegoBaTenbHocTH. ^ c h o , h t o  nocnegoBaTenbHocTb Mep cn m o h o t o h h o  

BO3 pacTaeT, npuHeM cn( X ) HMeeT npegenoM Hncno A.

nocKonbKy BepxHaa rpaHb KOHeHHoro Hncna ^neMeHT0 B Ma^opnpyeTca 

cyMMon ^THx ^neMeHT0 B, t o  H3 neMMH 2 c yHeTOM 3aMeHaHna 1 cnegyeT, h t o  

MepH cn npuHagne^aT Knaccy K-MepHon HenpepHBHocTH. nocKonbKy Mepa m 

aBnaeTca o 6 rn,en Ma^opaHTon gna Bcex pn , t o  OHa 6 ygeT o 6 rn,en Ma^opaHTon n 

gna Bcex cn . Cneg0 BaTenbH0 , MepH cn BxogaT b  MHO^ecTBO M.

nocKonbKy gna K a^goro 6 openeBcKoro MHO^ecraa B H3  X HncnoBaa 

nocnegoBaTenbHocTb cn( B ) MOHOTOHHa n orpaHHHeHa, t o  no TeopeMe 

Benepm pacca OHa HMeeT KOHeHHHn npegen, K0 T0 p tin  o 6 o3 HaHHM Hepe3 c( B ). 

CornacHO TeopeMe HuKognMa [ 5, c. 177 ], ^yHKn,na MHO^ecTBa c KaK npegen 

OTHocnTenbHO cxoguMocTH Ha cncTeMe H3MepnMHx MHO^ecTB 

nocnegoBaTenbHocTH cHeTHO-agguTHBHHx ({w h k i i h h  TO^e HMeeT cB0 ncTB0  

cHeTHon agguTHBHocTH, t o  ecTb aBnaeTca Mepon.

nocKonbKy MepH cn BO3pacTarorn,en nocnegoBaTenbHocTH BxogaT b  Knacc k -  

MepHon HenpepHBHocTH, t o  no neMMe 4 npegenbHaa Mepa c TaK^e BxognT b  ^T0 T 

Knacc. KpoMe Toro, npegenbHaa Mepa c Ma^opnpyeTca Ton ^ e  Mepon m, h t o  h  

Bce cn . Cneg0 BaTenbH0 , Mepa c npuHagne^HT MHO^ecTBy M, npuHeM acHO, h t o  c( 

X )=A.
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H T a K ,  M e p a  c  y ^ e  n o c T p o e H a .  3 a g a g n M  T e n e p b  M e p y  s  ^ o p M y n o n  s = m  -  c .  

^ n a  g o K a 3 a T e n b c T B a  e e  K - M e p H o n  c u H r y n a p H o c T H  B o c n o n b 3 y e M c a  n e M M o n  5 .  

n y c T b  d  -  ^ n e M e H T  H 3  K n a c c a  K - M e p H o n  H e n p e p H B H o c T H ,  M a ^ o p n p y e M H n  M e p o n  

s .  T o r g a  M e p a  d  +  c  M a ^ o p n p y e T c a  M e p o n  m  n  B x o g n T  b K n a c c  K - M e p H o n  

H e n p e p H B H o c T H .  C n e g 0 B a T e n b H 0 ,  d  +  c  B x o g n T  b M H O ^ e c T B O  M ,  a  n 0 T 0 M y  d (  X  )  

+  c (  X  )  H e  n p e B o c x o g u T  A .  T a K  K a K  c (  X  )  =  A ,  to  O T c r o g a  c n e g y e T ,  h to  d (  X  )  =  

0 ,  a  n 0 T 0 M y  M e p a  d  H y n e B a a .  C n e g 0 B a T e n b H 0 ,  n o  n e M M e  5  M e p a  s  H M e e T  c B 0 n c T B 0  

K - M e p H o n  c u H r y n a p H o c T H .  ^ O K a 3 a T e n b c T B O  c y m ,e c T B O B a H n a  3 a B e p m e H O .

ffoKa3amenhcmeo eduncmeennocmu. n p e g n o n o ^ H M ,  h to  m  =  c *  +  s *  -  e r n ,e  

0 g H 0  p a 3 n o ^ e H n e ,  g n a  K O T o p o r o  c *  H M e e T  c B 0 n c T B 0  K - M e p H o n  H e n p e p H B H o c T H ,  a  

s *  -  K - M e p H o n  c u H r y n a p H o c T H .  T o r g a  c *  -  c  =  s  -  s * .

P a c c M O T p n M  M e p y  c 0 , p a B H y r o  B e p x H e n  r p a H H  B e r n ,e c T B e H H o n  M e p H  c *  -  c  n  

H y n e B o n  M e p H .  n o c K o n b K y  c 0 M a ^ o p n p y e T c a  ^ n e M e H T 0 M  c *  +  c  H 3  K n a c c a  k- 

M e p H o n  H e n p e p H B H o c T H ,  to  n o  n e M M e  2  c 0 T O ^ e  B x o g n T  b ^ T 0 T  K n a c c .  H o  c 0 

M a ^ o p n p y e T c a  n  M e p o n  s  H 3  K n a c c a  K - M e p H o n  c u H r y n a p H o c T H ,  a  n 0 T 0 M y  n o  

n e M M e  5  c 0 =  0 .  C n e g 0 B a T e n b H 0 ,  M e p a  c *  H e  n p e B o c x o g H T  M e p y  c .  A H a n o r n H H O  

m o^ho g o K a 3 a T b ,  h to  M e p a  c  H e  n p e B o c x o g H T  M e p y  c * .  ^ 0 ^ T 0 M y  c = c *  n  s = s * .  

T e o p e M a  1 n o n H o c T b r o  g o K a 3 a H a .

TeopeMa 2. nycm h  m - Mepa, onpedenennan na cu8Ma-anee6pe 6openeecKux 

nodMHowecme cenapa6enhno8o 6anaxoea npocmpancmea X. Tozda cy^ecm eyem  

maKan nocnedoeamenhnocmh Mep sk u maKan Mepa c, dnn Komopux 

eunonnnwmcn cnedyw ^ue ceoucmea:

1)  m = c + E £ = 1  s k.

2) ffnn  Kawdozo Hamypanrno8o k Mepa sk exodum e Knacc K-Mepnou 

curnynnpnocmu.

3) fljw  KcmcOopo k >  1 Mepa sK exodum e kjiqcc ( k -  1) Mepuoii 

nenpepuenocmu.

4) M epa c exodum e Knacc n - Mepnou nenpepuenocm u dnn ecex n.
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M ep u  c u sk onpedenenu odnosnanno. 

ffoKa3amenhcmeo cy^ecm eoeanun. BHaHane k  caMon Mepe m npuMeHaeM 

TeopeMy 1 npn k = 1 .  B pe3ynbTaTe nonyHaeM pa3no^eHne

m = s1 + c1 ,

rge s1 BxognT b  Knacc 1-MepHon cuHrynapHocTH, a c1 - b  Knacc 1-MepHon

HenpepHBHocTH. M epa s1 y ^ e  nocTpoeHa.

3aTeM k  Mepe c1 npuMeHaeM TeopeMy 1 npn k = 2 .  B pe3ynbTaTe nonyHaeM 

pa3no^eHne

c1 = s2 + c2,

rge s2 BxognT b  Knacc 2-MepHon cuHrynapHocTH ( h o  BMecTe c TeM, KaK n c1, 

BxognT b  Knacc 1-MepHon HenpepHBHocTH ), a c2 - b  Knacc 2-MepHon 

HenpepHBHocTH. Tenepb nocrpoeHH y ^ e  gBe MepH s1, s2.

3aTeM k  Mepe c2 npuMeHaeM TeopeMy 1 npn k = 3 .  n p o g o n ^ aa  ^T0 T n p o ^ c c , 

npnxoguM k  paBeHcTBaM

m =  cn + 2fc=1 s k ,

b  k o t o p m x  gna Mep sk BMnonHeHM cBoncTBa 2) n  3), a nocnegoBaTenbHocTb Mep 

cn m o h o t o h h o  y 6 HBaeT k  HeKOTopon Mepe c ( b o 3 m o ^ h o , HyneBon), npuHeM gna 

K a^goro n Mepa cn BxognT b  Knacc n-MepHon HenpepHBHocTH. nepexoga b  

nonyHeHHMx paBeHcTBax k  npegeny, npnxoguM k  ^opMyne, cocTaBnarom,en 

cB0 ncTB0  1). nonyHeHHaa npn ^T0 M Mepa c Ma^opnpyeTca Ka^gon H3 Mep cn, a 

n 0 T0 My (no neMMe 2) gna Hee BHnonHaeTca cB0 ncTB0  4). ^OKa3aTenbcTBO 

cym,ecTBOBaHna 3aBepmeHO.

ffoKa3amenhcmeo eduncmeennocmu. BHaHane k  Mepe m npuMeHaeM BTopyro 

HacTb TeopeMH 1 (Kacarornyroca eguHcTBeHHocTn) npn k = 1 .  3 t o  npuMeHeHne 

o 6 ecneHHBaeT eguHcTBeHHocTb MepH s1. 3aTeM k  Mepe m -  s1 npuMeHaeM 

TeopeMy 1 npn k = 2 ,  h t o  o 6 ecneHHBaeT eguHcTBeHHocTb MepH s2.nocne ^T0 ^ 0  k  

Mepe m -  ( s1 + s2 ) npuMeHaeM TeopeMy 1 npn k = 3 .  npogon^eH ne ^T0 ^ 0
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n p o ^ c c a  o 6 e c n e H H B a e T  e g u H c T B e H H o c T b  B c e x  M e p  s k . C n e g o B a T e n b H o ,  M e p a  c  

T a K ^ e  o n p e g e n e H a  0 g H 0 3 H a H H 0 .  T e o p e M a  2  n o n H o c T b r o  g o K a 3 a H a .

3 a M e n a H H e  4 .  n o c K o n b K y  b  n p o c T p a H c T B e  R n H e n p e p H B H o c T b  M e p H  n o  B c e M  

H a n p a B n e H u a M  ^ K B H B a n e H T H a  e e  a 6 c o n r o T H o n  H e n p e p H B H o c T H  o T H o c n T e n b H o  

H H B a p n a H T H o n  M e p H  . H e 6 e r a ,  t o  n p u M e H e H n e  T e o p e M H  2  k  y K a 3 a H H O M y  

n p o c T p a H c T B y  n o 3 B o n a e T  n o n y H H T b  c n e g y r o r n . e e

C ^ e g c T B H e  1 .  n y c T b  m  -  M e p a  b  n p o c T p a H c T B e  R n . T o r g a  c y r n , e c T B y e T  T a K o n  

K O H e H H H n  H a 6 o p  M e p  s k n  T a K a a  M e p a  c ,  g n a  K 0 T 0 p t i x  B H n o n H a r o T c a  c n e g y r o m , n e  

c B o n c T B a :

1) m =  c +  2 fc=1 s k .

2 )  ^ n a  K a ^ g o r o  H a T y p a n b H o r o  k , H e  n p e B o c x o g a r n , e r o  n  , M e p a  s k B x o g n T  b  

Kn a c c  K - M e p H o n  c u H r y n a p H o c T H .

3) Kaacgoro k ,  ,u,jm KOToporo 2 <  k  <  n ,  M epa sk bxo^ ht b Knacc ( k  -  1)- 

M e p H o n  H e n p e p H B H o c T H .

4 )  M e p a  c  a 6 c o n r o T H o  H e n p e p M B H a  o T H o c n T e n b H o  H H B a p n a H T H o n  M e p H  

. H e 6 e r a .

M e p t  c  n  s k o n p e g e n e H M  0 g H 0 3 H a H H 0 .

3 a M e n a H H e  5 .  C n e g c T B n e  1 g e T a n u 3 n p y e T  H 3 B e c T H o e  p a 3 n o ^ e H n e  ( b  

c M M c n e  . H e 6 e r a )  M e p t  b  n p o c T p a H c T B e  X  =  R n b  c y M M y  a 6 c o n r o T H o  

H e n p e p H B H o n  n  c u H r y n a p H o n  O T H o c n T e n b H O  H H B a p n a H T H o n  n e 6 e r o B o n  M e p H  

K o M n o H e H T .  B  K a H e c T B e  n p u M e p a  T a K o n  g e T a n r o a ^ n  3 a g a g n M  c  K a K  

H e B H p o ^ g e H H y r o  r a y c c o B c K y r o  M e p y  b  R n , s 1 -  K a K  c u H r y n a p H y r o  M e p y ,  

c o c p e g o T O H e H H y r o  H a  K a H T 0 p 0 B c K 0 M  n o g M H O ^ e c r a e  O T p e 3 K a  e g u H H H H o n  g n u H H ,  

n o M e r n , e H H o r o  b  R n , o c r a n b H H e  s k -  K a K  n p o u 3 B e g e H n a  H H g u K a T o p o B  K y 6 o B  c  

p e 6 p o M  /  p a 3 M e p H o c T H  k - 1  ( T a K ^ e  n o M e r n , e H H H x  b  R n)  H a  u H B a p n a H T H t e  M e p t  

J le S e ra  b jinHenHbix oSonoHKax 3thx  KySoB ( k <  ti) . 3aflaflHM Tenepb m  KaK 

c y M M y  c  n  B c e x  ^ T H x  s k . T o r g a  K 0 M n 0 H e H T a M H  p a 3 n o ^ e H n a  M e p H  m  b  c M M c n e
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.He6 era  6 ygyT c n cyMMa Bcex sk, a K0 Mn0 HeHTaMH pa3no^eHna MepH m , 

onpegenaeMoro cnegcTBneM 1, -  c n  Bce omdenhnue  sk.

3aMenaHHe 6 . Ecnn b  KaHecTBe X B3 aTb 6 ecK0 HeHH0 MepH0 e cenapa6enbHoe 

6aHaxoBo npocTpaHcTBo, b  KaHecTBe c -  HeBtipo^geHHyro rayccoBcKyro Mepy b  

TaKOM npocTpaHcTBe [6, c. 170-175], a MepH m n sk 3agaTb aHanoruHHO TOMy, 

KaK ^T0 6tino cgenaHO b  3aMeHaHnn 5 (T0nbK0 Tenepb KonnHecTBO cuHrynapHHx 

Mep sk cTaHOBHTca 6ecKOHeHHHM), t o  o6tHHoro pa3no^eHna MepH m b  cMMcne 

.He6era He cyrn,ecTByeT (BBngy OTcyTcTBna b  X HHBapnaHTHon MepH .He6era), a 

pa3no^eHne, onpegenaeMoe TeopeMon 2, 6ygeT HMeTb MecTO, npuHeM ero 

K0Mn0HeHTaMH cny^aT onaTb-TaKH c n Bce omdenhnue sk ( nocnegHne -  y ^ e  b  

6ecKOHeHHOM KonnHecTBe).
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